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Abstract: In order to approximate function � � ����� � ��, with ������ � ��� for � � ���� � � and � � �,
we introduce the approximation operators �� � � � ��� , with
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where � � �� with �� � �	� � 
 � 
 and � � �
� - be fixed. Our aim is to find some properties for the above
operator.
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1 Introduction
Let �� linear space of all function

� � ������ ���

with the property that � exists, � � ���� � � and
	 � � such that ������ � ���, for all � � �. We
define the operators �� � � � ��� , where � � ��,
�� is noted,
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(1)

where � � �, 	 � � and � � �� with �� � �	��
�
,
� � �
� - fixed.

2 Main Results
In the following we prove if � � ��, then it’s image
of � that is ��� � ��.

Theorem 1 If �������� are operators defined by (1)
and � � ��, ������ � ������, 	 � �, � � � then it
exists ������ � � so that 	� � � � � we have
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Proof: We have successively
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So, we have
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(2)

In the following we use the next theorem

Theorem 2 (Bohr & Mollerup) There is only one
function � � ����� � ����� which verifies

1. ��
� � 


2. ���� 
� � �����

3. �� � is convex on �����,

then ���� � ����, 	 � � �.

From theorem 2 it follows that for all � � �� �
�� � �� �� we have

���� ��� ��� �� �� � �� (3)
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or
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We choose � � �� � � � 
� 	 � �� � � � 
 �
�� � � � � ��. From (4) we have
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From (5) and (6) we have
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for all � � 	 � �. We choose in (4) � � �� � �� �
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follows
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We choose in (4) � � �� � �� � 
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with ���
 � � and 	 � �. From (8) and (9) we have
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and � � �, 	 � �. So using (7) and (10)
in (2) we obtain
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We fix 
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� and define
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From (11) it follows
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Next we calculate ���
�����, where 
���� � �� .
We obtain successively
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So we have ���
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Starting from the theorem
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Theorem 3 (A. Lupaş [3]) If
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for � continuous on ���� �, � � �.

Using theorem 3 it follows the following statement is
true

Theorem 4 Let � � ����� � ��, with

������ ����� 	 � �� � � ��

when � � �. If �� are positive linear operators
defined as is (1), then

���
���������� � �����

for � continuous on ���� �, � � �.

A. Lupaş [5] prove the following proposition

Theorem 5 If

� � ����� ������ �� � ���� 
�� � ��

is a positive linear operator, then for all � � ����
and Æ � � we have
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where �� � �� � ���
�

� � � and ����� � ��� ���.

We have the following theorem

Theorem 6 If ��� is define by (1), then for all
� � �� � ������, 	 � � we have
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Proof: We consider � � �, ����� � ��� ���.
Taking into consideration the above we have (see

[6], [8])
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In the following we consider the Post-Widder
positive operator
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Theorem 7 For ��� operators defined in (1) we have
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where �� are Post Widder operators, ��� Gamma
operators respectively.

Proof: Starting from representation of Gamma oper-
ators
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We calculate successively
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we chance the variable 	
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Timişoara, ISSN 1224-6049, 2003, 151-156.

[9] Sofonea F., On a Sequence of Linear and Pos-
itive Operators, Proceedings of PAMM Confer-
ence PC-144, Balatonalmady, Hungary, May 20-
23, 2004, in Bulletin for Applied & Computer
Mathematics CVI (2004), No. 2171.

[10] Sofonea F., On a q - Analogue of A. Lupaş Op-
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